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THE CONCEPT OF THE NEGATIVE. 

WHEN I say, 'the table is not made of iron,' or when I 
speak of things that are not white, it obviously does not 
convey as much to the hearer's mind as if I said, ' the table is 
wooden,' or spoke of green things. The negative judgment seems 
by itself to give but little information, and the negative term does 
not appear to be a definite object of knowledge. Still, in the above 
cases, it is not the same as if we said nothing at all. The 
negative has some sort of significance, peculiar to itself. Let us 
then ask what this significance is. To answer this is to under- 
take an analysis of the concept of the negative. The merely 
practical man, and even the philosopher in less developed periods 
of reflection, does not regard such analysis as worth while or pos- 
sible. But a highly reflective stage of philospohy, such as our 
own at present, which pries into the foundations, formerly 
unquestioned, of arithmetic and geometry, would like to regard 
every idea as capable of dissection. Modern philosophy wants 
to find, and does find, in the small word 'not' certain definite and 
important implications — even as it does in such positive con- 
cepts as causation or quantity. I propose, then, to take the 
negative, just as I should any positive concept, and ask what we 
imply for knowledge when we use it. 

The present study, however, belongs to logic and not to meta- 
physics. I shall not ask whether reality contains an ultimate 
principle of negativity. Now, logic seeks the criteria of knowl- 
edge, and leaves to epistemology the question whether knowl- 
edge can grasp reality. So, in a logical study of a concept, the 
aim is to ascertain what function it performs in the process of 
knowledge. That is, do we use it in discovering facts, and does 
knowledge predicate it of facts ? The question is stated in this 
twofold manner, because when we speak of knowledge we imply 
that there are two regions : that of the knowing mind, the sub- 
jective region, in which are found the processes or stages through 
which knowledge advances and develops ; and the region of what 
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knowledge grasps, which we call the objective or factual region. 
A logical study of a concept, then, will ask two questions : first, 
of what use is it in the subjective region in helping knowledge on, 
e. g., when we say 'the concept of cause applies here,' what 
further information does that imply ? and second, is the concept 
objectively valid, a predicate of fact, or does it belong only in 
the subjective region, as no more than an attitude of ours which 
helps us to knowledge ? So if we are to treat the negative like 
any positive concept, we must consider two points : first, what 
positive, definite information is implied in a negative judgment ? 
and second, is the negative objective and factual, or merely sub- 
jective ? Are there any negative facts ? 

In taking up these two questions I shall use some of the ma- 
terial already worked out by logicians, and try to show that it 
suggests the following answers. As to the information conveyed 
by a negative judgment, in some cases a negative judgment 
gives completely definite information — as definite as positive 
judgment gives — and has therefore the same amount of signifi- 
cance for knowledge that positive perception has. As to objective 
validity, the claim of factuality or objective validity will be made 
for the negative in some special cases. This claim will be de- 
fended as follows : a negative fact is possible enough ; for we can 
frame a perfectly consistent definition of one, such that there 
seems to be nothing in the definition to prevent our belief in its 
actuality. But is there any positive ground for such belief? 
Now, there is at least one region of experience — geometry — 
where it is useful, and even necessary to posit such negative facts. 
Therefore, in this region, negation may claim as much objective 
validity as straight lines, causes, or other concepts, which, be- 
cause they are indispensable in description, science regards as 
objectively valid. 

The problems of the amount of information in a negative 
judgment, and the factuality of the negative, are so closely inter- 
woven that we must advance to their solution in a zigzag manner. 
That is, I shall begin with the question of factuality, and attempt 
to gain a provisional answer to it ; this will reveal certain prop- 
erties of the negative, to be used in answering the question as to 



No. 5.] THE CONCEPT OF THE NEGA TIVE. 487 

the amount of information ; the answer to this latter question, 
which I shall next obtain, will lead us onward to a final answer 
of the question of factuality. 

First, then, let us notice some of the work already done by logi- 
cians on the question of factuality. Is the negative a true predi- 
cate of facts, or does it express merely an attitude we assume dur- 
ing investigation ? Can ' not-red ' or ' not-heavy ' possibly be a 
fact of any sort ? Does it not rather express the turning of our 
attention away from things red or heavy, to other things not speci- 
fied in these phrases ? And when we say, ' snow is not green ' can 
the ' not-green ' be regarded as an actual perceived quality of 
snow ? Surely it is rather our denial of the suggestion that snow 
is green — our attitude of turning the mind away, to recall our 
memories that snow has been white. In everyday examples 
like these, the subjectivity of the negative is so evident that we 
need cite but few authorities on this point. Lotze and Mr. 
Bradley have stated the matter, perhaps, as clearly as any. 
Lotze argues that the term ' not-man ' is too indefinite, composed 
of too many possible qualities, yes, even conflicting ones such 
as brute and angel, dark and light, for us to hold it in the mind 
as one idea. 1 Mr. Bradley gives a second reason for its sub- 
jectivity. He points out that not-A by itself is simply the re- 
moval of A, mere failure, and that such nothingness cannot be a 
fact. 2 What else then can not-A express but our failure to find 
in A what we sought ? 

This result seems so obvious that we need not dwell on it fur- 
ther. The useful thing here is to notice the reasons for denying 
factuality to a negative term like ' not-man.' The two given 
above charge the negative, first, with indefiniteness, and, second, 
with emptiness. The first takes away individuality or concrete- 
ness, and the second, content. And as these two categories — 
concreteness and content — suffice to constitute what we call a 
fact of experience, it seems that these two reasons cover all the 
ground. If from the standpoint of logic these two categories 
exhaust the nature of a fact, no further reason for denying factu- 

1 Logik, $40. 
1 Logic, p. 116. 



488 THE PHILOSOPHICAL REVIEW. [Vol. XI. 

ality need concern us here, besides these two. Doubtless in 
most of the negative judgments that we daily have occasion to 
make, both these reasons have force. Let us then take the above 
as a provisional answer to the question of factuality — provisional 
because, so far, it has been extended only to the usual, everyday 
negations. Whether there may be special exceptions we have 
not yet investigated. 

We go now to the first question : What amount of information 
is conveyed by a negative judgment? Here we shall be led to 
see that it is not always correct to call a negative judgment 
indefinite ; and that will suggest that the second reason against 
factuality may sometimes fail — that sometimes a negative term 
may signify more than bare removal or emptiness. 

In this field, as in the preceding one, I select only those 
statements which have seemed to me most pointed and signifi- 
cant for my purpose. I begin with Lotze. Lotze regarded 
the negative judgment as a denial of the synthesis expressed by 
the positive judgment, coordinate with it, irreducible, and ulti- 
mate. 1 He does not, therefore, seem to regard the former as con- 
taining in itself any special implications for knowledge. More- 
over, he attacked the limitative judgment which, as we shall see, 
is the proper place for seeking the implications that lie in the 
negative. Sigwart went beyond Lotze, claiming that every nega- 
tive is based on an unstated affirmation, and also implies a pre- 
vious positive judgment which it contradicts. These implications 
seem, perhaps, rather indefinite, but as logic advanced they re- 
ceived a clearer formulation. 2 Mr. Bradley overthrew the theory 
of the previous positive judgment, and replaced it by that of 
a previous question or suggestion. We need not once have be- 
lieved what we deny : if I say it is not pleasant to-day, that does 
not imply that I once believed to-day to be pleasant, but only 
raised the question, whether is it pleasant. 3 And Sigwart adopted 
this correction, in part, in the second edition of his Logik? And 
further, said Mr. Bradley, some positive knowledge is implied as 

1 Logik, 340. 
*Logik, $20. 
3 Zogic, pp. 109-10. 

'220. 
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the ground on which I answer the question. So that the implica- 
tion in a negative judgment was now regarded as twofold: a 
previous suggestion or question, and some unstated positive 
judgment on which the negation is based. 

The next step, taken by Mr. Bosanquet, shows that the 
negative judgment has sometimes very definite implications. 1 
Mr. Bradley had noticed that we never deny unless we have 
some positive knowledge which leads us to deny, but he said 
little about what this positive knowledge may be, and con- 
tented himself with pointing to the implied previous sugges- 
tion. As matter of fact, says Mr. Bosanquet, the state of 
mind which precedes a negation is much more definite than a 
mere suggestion or question. Our judging minds are occupied 
with fact, and fact alone ; our minds do not put questions to 
themselves, except rhetorically ; and the state of mind which 
precedes negation must therefore be one of more or less 
definite knowledge. What happens is this : we know that 
one of several alternatives is true, but we do not know which 
one. A disjunctive judgment is before the mind. And the 
negation expresses our rejection of one alternative, and thus 
restricts the field, making our knowledge a little more definite. 

Thus he gives definiteness to that implied preceding state of 
mind which Mr. Bradley had more vaguely called questioning ; 
and at the same time he assigns a more definite place to the posi- 
tive judgment on which the negative one is based. What value 
then has negation for further knowledge ? Out of a large field 
of possible alternatives expressed by a disjunctive judgment, we 
reject one — the implied positive knowledge is not as yet perfectly 
definite, but still is more definite than the disjunctive judgment by 
itself guaranteed. And the more alternatives we deny in this 
same field, the nearer our negations come to giving us definite 
knowledge. Or we may put the matter in another way, and say 
that as the field within which we make negative judgments is 
more and more restricted, the positive information conveyed by 
the negation is increased. And Mr. Bosanquet goes on to say 
that as fact becomes more and more of an articulate system to 

1 Logic, Vol. I, pp. 293 ff. 
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us, negation approaches affirmation in value. Here, then, we have 
a result quite different from that of Lotze, with whom we started. 
Negation not only always conveys some information — though 
usually for the most part indefinite — but as the field is more and 
more limited, it loses its indefiniteness, and approximates the same 
position in knowledge as that of the positive judgment. And 
thus, by considering the recent development of the views of 
logicians as to the implications of the negative judgment, we are 
led to see that there is a tendency in the very nature of advancing 
knowledge to overcome the first objection against the factuality 
of the negative, by removing the indefiniteness of the negative 
judgment. 

Before going on to show that Mr. Bosanquet's suggestion also 
serves to suggest that the second objection — negation being mere 
removal — need not always hold, let me notice the view of 
Schroeder, as I shall argue for it later (though in a different ap- 
plication from his own). Schroeder 1 takes the view, still more ex- 
treme than Mr. Bosanquet's, that the negative must be understood 
to give quite definite knowledge. When we say, ' A is not B,' 
the ' not-B ' must in the algebra of logic be regarded as a definite 
logical class, quite as much as A or B. Accordingly, the ' not ' 
in a negative judgment belongs to the predicate. This view he 
would, I suppose, defend only for purposes of calculation in the 
logical algebra : he would not, I suppose, argue that the negative 
' not-B ' is actually a fact. He takes a point of view suitable for 
reasoning purposes, and does not care to ask for the whole truth 
about the negative. But his doctrine that the negative belongs 
in the predicate, if it were held outside the algebra of logic, 
would be a claim that the negative is a true description of fact, 
and therefore that it has objective validity. If taken out of the 
abstract sphere of exact logic, then, his view is the other extreme 
from that of Lotze, from which we have advanced by giving the 
negative increasing definiteness, until finally it is viewed as a predi- 
cate of fact. 

The material already worked out by logicians gives us then 
so far the following answers to our two questions : (i) There is 
1 Vorlesungen Uber die Algebra der Logik, Vol. I, pp. 320ff. 
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a tendency, as knowledge advances, for negative judgments to 
equal positive ones as regards the information conveyed. If the 
field within which knowledge works has been narrowed until two 
alternatives only remain, as in ' This person is male or female,' 
the negation, * He is not female,' gives positive information ; 
thus its indefiniteness is removed. (2) The negative expresses 
our rejection of an alternative, but is not itself factual. But 
these two answers present a condition of unstable equilibrium. 
For if the negative judgment is sometimes perfectly definite, does 
not that mean that the ' not ' is itself perfectly capable of de- 
scribing a fact, and hence that a negative term has as much ob- 
jective validity as any other predicate, e. g., black or round ? If 
' not-female ' is a definite description, how can the negative be mere 
femoval? We ought, therefore, to examine the second of the 
charges against the negative. Does it not express more than 
our rejection ? May it not also have an objective significance ? 
It seems to me that those who regard the negative as express- 
ing only our attitude during the process toward knowledge, 
overlook a property of negation which Mr. Bosanquet's results 
have already called to our notice. Doubtless it is true that a 
negative judgment by itself expresses only our failure to adopt a 
suggestion ; but a negative judgment is never found by itself. 
It always implies some positive knowledge on which it is based ; 
and the narrower the region, the more definite is its implication. 
The objection of emptiness takes too abstract a view of the 
matter. It is not right to ascribe the subjectivity of the negative 
to its being by itself mere failure. Even my perception of a 
blank is in part a perception of some positive fact other than the 
one which fails to appear. If, then, the negative is not objectively 
valid, it is not owing to its emptiness ; there must be to the 
minds of those who deny its factuality, some positive quality 
about it which marks it as subjective. This I take to be that it 
is always a comparison, a relating between a given and a not- 
given ; and as comparisons are not objective facts, the negative 
is therefore subjective. For the charge of emptiness, then, we 
must substitute the following : the negative is subjective because 
it expresses our act of comparing, in a certain manner, two or 
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more contents. In the above judgment, 'not-female' is no fact, 
because it expresses a comparison made by us between this per- 
son and women in general. 

The question as regards the factuality of the negative now 
wears a changed aspect. So long as the negative was regarded as 
empty we could never have shown it to be factual ; for every fact 
must have a content of some sort. But if we can regard it as a 
comparison, the case is altered. For why must a comparison 
always be subjective ? Certainly the fact that comparison is a 
process of our own mind, an example of our own mental activity, 
does not hinder us from regarding it as objectively valid. There 
are many purely mental constructions — e. g., atoms — which we 
accept as facts. The factuality depends simply on whether or 
not the mental construction is a useful working hypothesis fdr 
description or explanation. Why, then, is there anything in the 
nature of the case to prevent a negative comparison from being 
objectively valid ? If now I produce a conceptual entity framed 
out of negative comparisons — one, too, which could not be de- 
fined in any except a negative manner — and if a belief in its 
actuality were shown to be useful for scientific explanation, surely 
we should be justified in granting objective validity to such a 
negative term. Of course, if the conceptual entity in question 
could be brought before the mind without the use of negative 
terms, there would be no need of the hypothesis that there was 
here a negative fact. If the conceptual entity were a possible 
fact for perception, which of course is wholly positive, we should 
then not have to define it negatively. The case mentioned above, 
of the term ' not-female,' is a case of a positive fact for possible per- 
ception (the man) ; and here we regard the fact as in itself wholly 
positive just because it has that positive attribute, givenness. In 
this case, there is no ground for bringing in the negative, on the 
objective side. The fact can exist without it ; for it is given as 
already constituted, before we make the comparison. (I am 
speaking here of course from the standpoint of the. objectively 
valid world, not from the metaphysical standpoint.) But if the 
conceptual entity which we are about to produce is in a region 
where no perception is possible, under any circumstances, there 
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we could not regard it as constituted in a positive given experi- 
ence ; it is constituted by its conceptual definition. And if that 
definition has to be a negative one, then the entity is a negative 
one. It would not be possible to get such a conceptual being 
before the mind in any way whatever, except by the use of nega- 
tives. 

I now proceed to define such a negative conceptual entity. 
The rest of the paper will have three parts : (1) I give the defi- 
nition, and show that it must be a negative one, that no positive 
one is possible, because no perception can be brought in. (2) I 
show that the definition, although of course only hypothetical 
as yet, has no logical impossibility about it — that no reason can 
be given against our assuming that it is realized. But this does 
not justify such an assumption. For (3) I shall try to show that 
it is useful to make the hypothesis of factuality, in Order to an in- 
telligible description or explanation of a certain property of space. 
If these three tasks are performed, it will have been shown that 
it is convenient for descriptive purposes to believe in such nega- 
tive facts. And as this is precisely the kind of justification we 
give to any hypothesis of science, e. g., causal laws or atoms — 
we may then say that these negatives have as much objective 
validity as chemical atoms or other useful scientific concepts. 

1. Suppose the following conditions were fulfilled. Given a 
finite region — e. g., an area in conceptual space — dichotomize 
it into two regions, A and Not-A Both are positive given facts, 
and the comparison expressed by the negative is subjective. 
Dichotomize Not-^4 into B and Not-2?. The negative is still 
subjective. It does not make the facts (B and Not-i?) possible 
(for they still might be given), but expresses a reflection on them, 
after they are found to exist. Suppose the process of dichoto- 
mizing to go on infinitely. Suppose that, as the limit of the 
process, there is a term which is defined solely as being such 
limit. This term would be a point, or position without content, 
and it would be a conceptual entity constituted by an endless 
series of exclusions within the positive given area — that is, a con- 
ceptual entity whose very constitution is that it is made out of 

In other words, the comparison here 
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would be a part of the thing in question, necessary if we are to 
frame any notion of it whatsoever. The special characteristic of 
the concept we are here framing is that it is a limiting concept. 
Being such, it is from its very nature forever beyond possible 
perception. There is then no way of defining it except as a con- 
ceptual entity. But its conceptual definition (since it is a limit) 
must be a negative one. 

It is well to notice how the two accusations which were made 
above, against the factuality of a negative term, are removed. The 
accusation of indefiniteness is removed, because such a term as 
the above is perfectly definite and unambiguous, being the limit of 
the series, incapable of further specification. The objection that 
comparison is a subjective reflection upon an already existing fact 
is removed, because here there is no already existing fact to begin 
with — we make the fact (if fact it will be) by our negations — for 
it is in the first instance quite conceptual. 

Now let us be sure that our definition is, after all, a negative 
one. You may say, if it is defined as the removal of something 
else, how distinguish it from nothing at all, unless you imagine 
a positive content in it? If any individual point is real, you 
say, it must have a positive quality about it, such as, e. g., the 
direction in which it lies from us. And this objection is right to 
this extent, that a small finite area must always be first given, 
with a certain positive local sign, and only after that do we 
apply the negatives within that region to define our point. A 
positive basis there must be, but quite as necessary, before we 
can frame any notion of the point at all, is the process of 
negation. It is not claimed here that the point is purely nega- 
tive, only that negation must be a part of its make-up. It all 
amounts to this : we are here considering a very special case, the 
case of a limiting concept. Owing to the fact that the concept is 
a limit, the negation here takes on a different function from that 
which it has usually. It is used to constitute the supposed fact, 
for the supposed fact is not definable in any other way, being 
open only to ideal, not perceptual, apprehension. If, then, the 
supposed fact is a fact, the negation which constitutes it will have 
objective validity. 
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2. But, is it logically possible to posit such a conceptual 
entity? Is it not self-contradictory to speak of a limit of an 
endless series like the above ? Here we should distinguish two 
senses of contradictory. It may mean ultimately inconsistent for 
our intellect, or it may mean in conflict with experience. 
Whether or not it is the former does not bear on the question of 
objective validity, but only on the question of ultimate reality. 
As to the latter, it cannot conflict with experience — being 
beyond possible experience — any more than causation can con- 
flict with experience, because it is not a deliverance of it. Doubt- 
less, it is never to be found in the series we started with — for 
that was an endless series — but the hypothesis of its factuality 
cannot be condemned, because the perceptual series fails to reach 
it. Whether the hypothesis is justified, will depend, then, as the 
justification of all hypotheses depends, on its usefulness for our 
description of space. 

3. It remains to justify the hypothesis, that is, to give it ob- 
jective validity of the same kind that we give to causal laws or 
other concepts of science — by showing its usefulness for descrip- 
tion. If we suppose that space contains these ultimate negative 
elements, it seems to render more intelligible one of the axioms 
on which non-metrical geometry must be based. I refer to the 
first axiom stated by Mr. Russell, that we must assume points 
which are defined, at first, as purely relative to one another, that 
is, as mutually determining points. 1 Now, the definition which 
the above hypothesis has proposed, shows how the points in 
space do determine one another. For, we defined a point as the 
negation of the rest of the space in the given area. Now, since 
the rest of the space in question contains all the other points, 
our definition amounts to making any one point the negation of 
all the others. But negation is relation : to define a point A by 
the negation of B, C, D . . . is to say that A implies B, C, D. 
. . . Hence the negative definition enables us to see how the 
points are determined by one another. It is because there is a 
principle of negation at work, so to speak, in the objectively valid 
work of conceptual space. So I conclude that, if we accept Mr. 

1 Foundations of Geometry, pp. 1 19, 136-137. 
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Russell's axiom, it is a useful convention for the explanation 
thereof, to agree that space contains negative facts. This is the 
sort of justification that we wanted for the conceptual entity 
which we produced. And if so, these negative terms, points in 
space, may claim objective validity. 

W. H. Sheldon. 
Columbia University. 



